In this paper, by using the monotone iterative method and Daher's fixed point theorem and an inequality of noncompact measure of Monch and Von Harten, we study the existence of maximum solution and minimal solution and the iterative approximation of the following initial value problem for O.D.E with delay in Banach spaces u' = f (t, u(t), ut), ut0 = ψ0 and give a sufficient condition of the existence of solutions of the above problem. The obtained results improve and generalize the corresponding results.
Introduction
Delay differential equations have been the important topic of research in recent years and many problems of fields of science and technology can be converted into the problems of delay differential equations. The existence of solutions of delay differential equations in a Banach space have been studied by many authors (see [1] [2] [3] [4] [5] [6] [7] ). In this paper, we consider the following initial value problem of delay differential equation (1) In this paper, by using the monotone iterative method and Daher's fixed point theorem and an inequality of noncompact measure of Monch and Von Harten, we study the existence of maximum solution and minimal solution and the iterative approximation of (1), and give a sufficient condition of the existence of solutions of (1) . The obtained results improve and generalize the corresponding results in [1] .
Preliminaries
Let * E denote the dual of a real Banach space E with norm . and E K  
C I E E E E E C E I t t T T
A cone K is said to be normal if there exists a real number 0 
If F is a subspace of E and MF  is bounded, then we define
For these and further properties we refer to Deimling [6] and Sadovskii [8] .
For any
From the definition of   
Let us list the following assumptions for convenience:
3) For any
In the proof of our main results the following lemmas are necessary. See [9] , [10] for details.
Lemma 2.1 [9] (Daher's fixed point theorem)
Let X be a nonempty, bounded, closed and convex subset of a Banach space E . Let X X A  :
be a continuous mapping such that for every countable
  whenever C is not relatively compact. Then A has a fixed point.
Lemma 2.2 [10]
Let E be a Banach space and  the Kuratowski measure of noncompactness on E .
is absolutely continuous on J and 
Proof. The absolute continuity of  follows from 
The proof is complete.
Main Results
In 
The Proof of Theorem 3.2
We first, as in [1] , consider the linear differential equation with delay 
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F t u t u f t t M u t t N u s s ds
As the proof of Lemma 3. (1) and the proof is complete.
The Proof of Theorem 3.3
The proof of Theorem 3.3 will be completed by two steps.
Step 1. Assume that the number T is small enough such that
we first consider the linear IVP of differential equations with delay
where
As the proof of Lemma 3.1 in 
A u P t v t u t P s v s u s t I s
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